Introduction
The Carbon nanotube (CNT) is the most important class of Carbon family, which have exceptional thermal, chemical, mechanical, electronic and optical properties. The astonishing properties of the CNTs have positioned them quite important for the mechanical engineering and materials sciences. Endo and Co-workers [1] were the pioneers to describe the TEM images of the CNT. Iijima [2] have investigated the tube-like nanosized CNTs in diameter range 4-30nm. The idea of single wall carbon nanotubes (SWCNTs) was established by two research groups [3, 4] .
Later on, this idea was more explained by To [5] to specify that the bending of graphene sheet in small nanosized known as CNTs. This study also categorized CNTs in its two core classes named single and multi wall carbon nanotubes and abbreviated as (SWCNTs) and (MWCNTs). The size of the SWCNT is 1nm while MWCNTs is in the form of a cluster containing 2-50 concentric tubes with 0.34nm spacing.
The imperative applications of CNTs are mostly related to energy alteration, electronics and automotive. CNTs are in the metal shape and can improve electricity and heat transfer rate [6, 7] . The use of the CNTs in the field of mechanical engineering EOR for the oil recovery was utilized by Negin et al. [8] . Nieto de Castro and Murshed [9] have studied the thermal properties of a special type of nanofluids called ionofluids. Inonofluids contain some exceptional property and due to this property concentration and temperature carbon nanotube increased. Zaidi et al. [10] Inspected nanofluid of carbon nanotube flow of wall jet streaming by means of the convective physical state using a numerical method.
The stable dispersion of CNTs in various liquids accomplishes the CNTs nanofluids. The useful base liquids which are suitable for the synthesis of CNTs are water, Ethylene glycol and engine oils. Various of the researchers [11] [12] [13] [14] [15] [16] [17] [18] [19] have utilized the above-mentioned base fluids for the stable dispersion of CNTs.
The diversities of models exhibit in the literature to describe the thermal conductivities of carbon nanotubes in the varieties of structures. The efforts done by the researchers to define a comparative model for the improvement of the thermal conductivities of CNTs are Maxwell [20] , Jeffery [21] , Davis model [22] , Lu and Lin [23] and Crosser [24] . All the above researchers have done the significant work for the enhancement of heat exchange by introducing the thermal conductivity models and these models are used for the various nano materials.
Xue [25] suggested a model of the for the suitable dispersion of CNTs depending on the shape and properties of CNTs.
In the past much attention has been paid to the steady flows over the linearly stretchable surfaces. Still a lot of work is required to be reported for the fluid flow over an unsteady and nonlinear stretched surfaces [26] [27] [28] [29] .
The liquid film diffusion has substantial applications in the arena of science and manufacturing. The uses of coating in different industries like fiber coating used for telecommunication purposes, coating of the sheets cylinder disc [30] etc. Shah et al. [31] have studied the this film flow of nanofluid over a linearly stretching and rotating disk [31] . Recently, Gul [32] have examined the liquid film sprinkling over a nonlinear enlarging surface. Ghanj [33] , have studied the liquid film flow of nonNewtonian fluids using the oscillatry geometry. Gohar et al. [34] have reflected the steady flow of the CNTs over a nonlinear enlarging disc. They studied the single and multi walled carbon nanotubes considering the steady flow of the water based nanofluid. Qasim et al. [35] conferred the unsteady flow of the thin nanoliquid layer using Buongiorno's model. The thin film spray of the nanofluid over an extending tube for the thermal and cooling applications has been studied by Wang [36] and Khan et al. [37] . Alshomrani and Gul [38] have extended the spray of a nano liquid film over the slippery surface of an extending cylinder.
Keeping in mind the above meaningful work the purpose of the recent work to analyze the liquid film flow of a SWCNTs/MWCNTs-Engine oil based nanofluid flow over an unstable and nonlinearly extending surface. The solution of the transformed nonlinear equations is achieved by a well-known analytical technique OHAM (Optimal Homotopy Analysis Method) [39, 40] . Advance version of this technique (BVP-2) has been used for the error analysis which authenticates the 3 convergence of the obtained results. The Mathematica Package BVPh 2.0 for Nonlinear Boundary Value Problems has been adopted by Zhao et al. [41] , and this package is frequently used for the high nonlinear problems [42] [43] [44] in various engineering problems. Furthermore, the validation of this method has been checked by the researchers [45, 46] with the existing literature. The influence of the modeled different parameters under the influence of SWCNTs/ MWCNTs is calculated successfully. 
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The initial and boundary conditions prepared for our model is given below: , 0, = , at z 0, 0, , at z . 
The model suggested by Xue [25] has been used due to great axial ratio and repaying the CNTs space dispersal. The thermal conductivity of the CNTs nanofluids has been calculated using this model as: In equation (7) for linear stretching ( 1 n  ) the conditions match to the published work [31] .
The mathematical representation of the density of nanofluid is 
denote the nanofluid capacity of specific heat specific heat. Re 1
OHAM-BVPh 2.0 Package
The BVPh-2.0 package of OHAM [38] [39] [40] has been applied for the solution of the modeled equations (5,6) with the physical conditions in equation (7). 
Liao [38, 39] was the first that defined total squared residual error using OHAM has been obtained in the case of MWCNTs. This method has the tendency to obtain the solution of the nonlinear differential equation without discretization in short time with residual error. Due to this fact, this method is frequently used in the recent research [38] [39] [40] [41] [42] [43] [44] [45] . Furthermore, the increasing order of approximation reduces the square residual error which leads to the close convergence of the problem. The appropriate range of the physical parameters has also been calculated through OHAM and displayed. The obtained range of parameters for the proposed problem authenticates the convergence of the obtained results.
Results and Discussion
The thin film flow of CNTs nanofluid over an unstable and nonlinear radially stretching disc have been concentrated in this research. The SWCNTs/MWCNTs-engine oil based nanofluid has been utilized within the range 0 10%   . The OHAM-BVPh-2.0 package has been used for the solution of the problem. Figure 1 (a) display the shapes of SWCNTs and MWCNTs while Figure 1 (b) shows the geometry of the problem. In Figure 2 (a) the square residual error for the momentum and thermal equations are reflected using the BVPh-2.0 package. The convergence for the 30 th order of the OHAM method have been calculated and from the residual error, it is observed that the strong convergence has been started from the 20 th iteration using the SWCNTs.The 30 th order convergence using the MWCNTs has been obtained through the OHAM method and displayed in Figure 2 The larger amount of the unsteady parameter S declines the velocity profile and this effect is shown in Figure 3 . Since the higher values of S enhancing the resistive force cause drop the radial velocity. The stretching fact is occurring by accelerating the value of nonlinearity n cause to decrease the flow motion as shown in Figure 4 . In fact, the greater extent of n generating opposite force to drop the radial velocity, and this contrasting force is stronger in the MCNTs due to the closed compactness as compared to the SWCNTs. The impact of the magnetic parameter  . In fact, the thin nanofluid layer enhances the velocity, pitch and a smaller amount of energy is needed for the motion of fluid flow while the thick layer increases the resistance force to decline the radial velocity. Figure 7 exhibit the influence of nanoparticle  on the streaming of CNTs nanofluid. We found that by raising the value of nanoparticle  results enhance the radial velocity, pitch for both MWCNTs and SWCNTs.
Actually, the thin liquid film, the greater extent of  upsurge the energy, transport and a special type of force that is present among the molecules called cohesive force which helps the velocity progress. This effect is more ridiculous in the SWCNTs as compared to the MWCNTs. The difference in the two types of the CNTs is not clearly visible in the momentum boundary layer. In fact, the finite domain of the liquid film, the high nonlinearity of the problem and small volume fraction of the materials cause the difference between the two sorts of the CNTs.
The influence of  versus thermal boundary layer has been exhibited in Figure 8 . The thermal conductivity of the nanofluids depends on the particle volume fraction  and the larger values of  increases the temperature field. We noticed that decrease temperature profile and boost up the velocity, pitch for both MWCNTs and SWCNTs is gained in the range of 0 4%   . The efficiency in the heat transfer enhancement of the SWCNTs is more visible using the thermal boundary layer as compared to the momentum boundary layer. The unsteadiness parameter S effect on the thermal boundary layer has been depicted in Figure 9 . The thickness of the boundary layer enhances with higher extent of S consequence the cooling effect rises to decline the temperature field. The larger values of the nonlinear stretching parameter n disturb the thin boundary layer and produce a cooling effect to reduce the CNTs nanofluid temperature as exhibited in Figure 10 . Discussion of temperature
under the influence of Eckert number Ec has been depicted in Figure 11 . Eckert number Ec consists of a dissipation term which creates viscous resistance result thermal conductivity enhance for its larger values and raise the temperature field. This effect is maximum in the SWCNTs due to the rapid improvement in the thermal conductivity.
The influence of the physical parameters in the contour form according to the obtained results for the range of parameters have been shown in Figs. [12] [13] [14] [15] for the SWCNTs and MWCNTs respectively. . In fact, the larger amount of nonlinearity, unsteadiness and thickness parameters, generate the opposing force which upsurges the skin friction. Increasing the thickness  and unsteadiness parameter S of the thin layer improving the opposite force to fluid flow and producing cooling effects to improve the Nusselt number demonstrated in Table 6 . The greater values of Eckert number Ec , generally increasing the thermal conductivity and as a result, decline the Nusselt number.
S Ec
Temperature profile enhances due to thermal diffusivity and thermal diffusivity increase by increasing Ec .
Conclusion:
The flow of a liquid film comprising SWCNTs/MWCNTs-Engine oil based nanofluid over an unstable and flexible disc has been scrutinized in this article. The flexibility of the disc is considered 
 
for the vigorous outcomes. The dissipation term and magnetic effects also implemented to the flow Pattern. The difference in the two types of the CNTs is not clrealy visible in the momentum boundary layer while this change is more evident in the thermal boundary layer. To accomplish the optimal values 20 th order of distortion for which the residual sum is minimized, we employed the provision of BVPh 2.0 package of OHAM technique. The summary of this article has been discussed in the following points.:  The appropriate range of the physical parameters has been observed using the BVPh 2.0 package.  The thermal efficiency of the MWCNTs is found less effective as compared to SWCNTs.  The extending of the disc in nonlinear status decays the momentum and thermal boundary layers for both sorts of CNTs.  The viscous dissipation enhancing the temperature distribution for its larger values and this consequence is more operative in the SWCNTs.  The larger values of the nanoparticle volume fraction decline the viscosity of the nanofluid and increases the fluid motion and temperature profile.  The confrontation force increasing with the greater values of the magnetic parameter to decline the nanofluid motion.  The increasing thickness of the liquid film produces the confrontation force to decline the velocity field and this consequence is very agree for the both sorts of CNTs.
